In this paper,there are new considerations about the dual of a modular spaces and weak convergence. Two common fixed point theorems for a -non-expansive mapping defined on a star-shaped weakly compact subset are proved, Here the conditions of affineness, demi-closedness and Opial's property play an active role in the proving our results.
Introduction and Preliminaries
Dotson 1 proved existence of fixed points for non-expansive self-mappings of starshaped subsets of Banach spaces(under appropriate conditions). Subrahmanyam 2 and Habinak 3 used the concept of Banach operator to generalize Dotson's theorem and its application to invariant approximation. Recently, Abed [4] introduced the notion of best approximation in modular spaces and gave conditions to existences of proximinal and Chebysev sets in finite dimension modular spaces. Also, Abed and Abdul Sada [5] [6] [7] proved a theorem of Brosowski-Meinaraus type on invariant approximation, proved that two fixed point theorems for compact set-valued mappings in modular spaces with an application on invariant best approximation. The object of the present paper is to extend and unified the above results [2] , [3] , [4] and others to modular spaces. For other results in this field see [8] - [10] Definition (1.1) [ The purpose of this article is to prove the completeness of dual space of a modular space and to give some related concepts and properties, also, to prove the existence of common fixed points for pair mapping , where is non expansive.
Dual of a modular space
let be a linear functional with domain in a modular space and range in the scalar field : → , is bounded linear functional such that for all ∈ , . The set of all bounded linear functional on ,  is linear space with point-wise operations. In the following, we reform some concepts about dual space in the setting of modular spaces, we begin with following: 
For any ∈ and , , this implies that
Now, for any fixed point and given ∈ we may choose ∈ ∈ so that ∈ ∈ .
Then from (2.1), we have | | ∈ and is Cauchy in . By completeness of , converges, say, → . Clearly, the limit ∈ depends on the choice of ∈ . .This implies and shows that the weak limit is unique. Part (ii) follows from the fact that P is convergent sequence of numbers. So that every subsequence of P converges and has same limit as the sequence.
Definition (2.6):
a subset of a modular space is said to be weakly compact if every sequence in has a weak convergent subsequence. 
Definition (2.7):

Common fixed point for commuting mappings
Mongkolkeha, Sintunavarat and Kumamstudy [11] and [12] proved the existence theorems of fixed points for contraction mappings in modular metric spaces with condition γ ∞ to guarantee the existence and uniqueness of the fixed points. We start with following Proposition (3.1): Let be a continuous self-mapping of a complete modular space , if : → is -contraction mapping which commutes with and ⊆ and ∃ ∈ such that γ ∞ then ∩ singleton.
Proof: Suppose p for some ∈ , define : → by ∀ ∈ then and for all ∈ so , ∀ ∈ and commutes with moreover ∀ ∈ so that ⊆ . Finally, ∀ ∈ 0,1 , ∀ , in we have
This completes the proof. Now, it is easy to show that the following needed lemma.
Lemma (3.2):
Let be a modular space, : → be mapping, and ∈ . If ℎ 1 ℎ ℎ 1 ℎ , ∀ ∈ and ℎ ∈ 0,1 , then is a fixed point.
Theorem (3.3):
Let ∅ weakly compact subset of a complete modular space . Let be a continuous and affine mapping on with p , : → be an -nonexpansive mapping commutes with . If is star-shaped with respect to ,and there is some ∈ ∞ and is demi-closed on , then ∩ ∅.
Proof:
Since is star-shaped with respect to ∈ , then : → , we define on for any in by, ℎ 1 ℎ and there is ∈ , and the sequence ℎ → 1 as → ∞, ℎ 1 such that 1 ℎ ℎ ∈ ∀ , ∈ . It is clear that ∶ → .
Note that
⊆ and ⊆ . Since commutes with and is affine mapping, for each ∈ . there is a unique ∈ such that for all 1.
Since is weakly compact, there is a subsequence of sequence which converges weakly to some ∈ .
Since is a continuous affine mapping then is weakly continuous and so, since S and .
Now,
1 Therefore 1
Since is bounded, ∈ implies is bounded and so by the fact that ℎ → 1,
We have →
Now, since is demi-closed then and thus . Hence, ∩ ∅.
Another common fixed point theorem will be given for Opial's space. Proof: Since has star-shaped then : → and there is ∈ and the sequence ℎ → 1, as → ∞, ℎ 1 ∋ 1 ℎ ℎ ∈ for all ∈ . Now, define on for any in by, ℎ 1 ℎ and there is ∈ , it is clear that : → . Note that ⊆ and ⊆ . Since commutes with and is affine mapping, for each ∈ .
Thus each ℎ commutes with . Further observe that for each 1, is -non-expansive mapping.
Thus by proposition (3.1), there is a unique ∈ such that for all 1. Since is weakly compact, there is a subsequence of sequence which converges weakly to some ∈ . Since is a continuous affine mapping then is weakly continuous and so we have: Since is bounded by is weakly compact, ∈ implies is bounded and so by the fact that ℎ → 1, we have → 0
Now, since is Opial space and suppose that, we have: 
